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8EOPIA III8ANOTHTON 

1. 'EO"'tffi A, B, r u1toauvoAa 'tou O. Na 1tEpt'Ypa'l/E'tE 'tT]v a-aA'YEppa l: = a(A, B, r) 1tOU 
napa'YE'tat an6 'Ca A, B,r. II6aa a'totXEla 1tEptEXEt l] l:; eEffipEla'tE 'tT]V m6 'YEvtK~ 1tEpin'Cffial]. 

2. 'Ea'tffi 0 = {1, 2, 3, ... }, 'to auvoAo 'tffiV ~UatKWV aptSJ!wv. rta KaSE npw'to aptSJ!6 p 
(p = 2,3,5, ... ) SEffiPOUJ!E 'to aUvoAo Ap = {np : n = 1,2, ... }, Ol]A. 'to auvoAo 'tffiV ~UO"tKWV 
1tOU OtatPOUVTat J!E 'to p. 
(i) Na 1tpoaolOpiaE'tE 'to auvoAo lim suppAp. 

(ii) Y1tOSETOUJ!E 6n u1tapXEt Eva J!E'tPO mSav6'tl]'ta~ P a'to xwpo 0 ffi~ npo~ 'to o1toio 'ta Ap 
(6nou p 1tpw'to~) Eivat aVE~ap'tT]'ta EVoEx6J!EVa J!E P(Ap) = 1/p.Tt O1JVE1ta'YE'tat a1t6 'to 20 
A~J!J!a 'tffiV Borel-Cantelli 'Yta 'to lim suppAp; 

(iii) Tt O"UJ!1tEpaivE'tE 'Yta 'to J!E'tpO P; 

3. 'Ea'tffi 0 X.1t. (0, F, P), 61tou 0 = (-1,1) ('to avotK't6 OtaaT~J!a) Kat F = 'ta Borel 
u1tOaUVOAa 'tou (-1, 1). 8EffiPOUJ!E n~ auvap't~aEt~ (J!E 1tEoio oPtO"J!ou 'to 0) 

X(co) = co2 Kat Y(co) = co3 • 

(i) Eivat ot X Kat Y wxaiE~ J!E'taPAl]'tE~; 
(ii) Na 1tEpt'Ypa'l/E'tE n~ a-aA'YEppE~ a(X) Kat a(Y). 
(iii) Eivat nX J!E'tP~O"tJ!l] ffi~ 1tpO~ 'tl]V a(Y); 
(iv) EivUl Tj Y i.lHp~mjll] ffi~ npo~ 'tTJV a(J..'); 

4. Av ot 't. J!. X n, n = 1,2, ... , ElVat SE't1.KEt; Kat Xn ~ X a. p., OEi~'tE 6n, 'Yta KaSE m 2: 0, 

lip1E[Pnexp(-Xn)] = E[Pexp(-X)J. 

5. 'Ea'tffi 6n ot wxaiE~ J!E'taPAl]'tE~ X Kat Y ElVat aVE~aPTIJPE~ J!E E[IX1P] < 00, 'Yta Ka1tOlO p 2: 1 
Kat E[Y] = O. Na anOOEl~E'CE 6n E[IX+ YIP] 2: E[IX1P], M1topEl'tE va KavE'tE J!ta "POAtK~" 
u1t6SEO"l] 'Yta n~ X Kat Y, 1t.x. 6n EXOUV auvap't~aEt~ 1tuKV6'tl]'ta~ mSav6'tT]'ta~, ~ 6n Eivat 
anAt~. 
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