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Oépal’: o)No npocdiopiotel o THmoOg ™G eiomong
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@+X5)U,, + XU, +XU, , +5U, +u=0 (pov. 0.25)
2 2 2

(44 X)Uy,, + XU, +2%U, , +3u, +u=0 (pov. 0.25)

o oeybet ot m  ovvdptmonU(X,, X,) =0(—), X, #U, T € L emider v eliocwon
B) Na Seyfsi d ; ) ;(1 , 20, f e Clenis &
2

xu, +xu, =0 (nov. 0.25)
Y) Av n  u(xX,t) v  Aon Tov  WPOPMHOTOC  aAPYIKAOV-  GUVOPOKAV  TIHAV

u, (x,t) =xu,(x,t),0<x<2,t>0,u(x,0)= f(x),u (0,t)=u (2,t) =0,x>0 va Jdeydsi
2
6t1M Ao etvan povadikh. (Y Xpnowonowote 1o J () = ZL J- VZ(X,t)dX) (uov. 1)
K%

ou(b, ¢)

3) Atveran o mpoBnua AU(p, @) = f(9),0< p <b,0< @ < 27, ua =9(p),
0

ueC? (QU ), Q o kiKrog. i) No Srotvomebel kot amodetytel 1 GuvORKN VIO TV omoid TO
TpOPANUa givon emlvoipo. ii) Me avtni Ty vdBeon va. deiytel 0Tt To TPOPANUA givarl poVadIKE,
EMAVGIO 6LV pia Tpoahetikn otabepd. (Yrodein: Atveton n mpdtn towtdtta tov Green

0
ivAudx = _izvxiuxi dx + a.!;vids ). (nov.1)

O4pa2°:0) No Avbel 70 TpdPANLa cUVOPLIKDOY TIULMOV
Au(r,0,90)=0,0<r<2,0<0<7,0<p<2m,u(2,6,0) =1+cosf+7cos’ 9.

Aivovtai m e€icwon Laplace oe opaipikéc cuveTaypéveg

AUCF 6. 0) = 2 1 cos 6 1 0 )
u(r, ,(0)—Urr+FUr+r—2u&9+ rzsin0u6+ 2 Sinzguw =0, ko ta molvdvopa Legendre
P (X)=LP (X)=x,P,(X)= %(3x2 -1). (nov. 1.5)

B) Na kotoypoaeolv ta TpofAatae Tov Tpénel va extlvfovv, xopic va AvBolv, yuo va Bpebei n Avon
TOL TPOPANUATOC GLVOPLUKDV TYLDV

Au(x,%,) =6,(x,%,) €(0,3)x(0,3),

u(0,x,) =0,u(x,,0) =0,u(3,X,) =5X,,u(x,,3) = X{ +4

O4pa3’ : o) Na npocdiopiotel 1 cuvdptnon Green yia 1o TpOPANUA ApYIKOY — GUVOPLOKADV TILDOV:
U (6, 8) — Uy (6, ) = 6(x — x)6(t — ty), x,x9 € (0,a), t, ty > 0,a >0,

u,(0,t) = u,(a,t) =0, t =0,

u(x,0) =0, x € [0,a]. (nov.1.25)

B) Emidbote to mapamdved Tpofainua yio a = oo. (pov.1.25)
—ikr

(nov.0.75)

€ -r

Oépad’ : o) Enalndevote 611 1 cuvaptnon G(r) = e wavomotel T dapopikn| e&lcmon
AG + (k? =1 —2ik)G = —86(r) , 7 € R® , v = |r| . (Alvetau, av 10 Ypetootsite, oL Af (r) = f'(r) +
%f’(r)). (nov.1)
B) 'Eoto to un opoyevég TpoPAnua

y"'(x) +25y(x) = f(x) + i—gsin ()Z—C) +sin(5x), 0<x<m,

y(0) =0, y(m=1.
B1) Bpeite 10 C; dote ) cvvaptnon C;sin (g) VO IKOAVOTIOLEL TIG GLVOPLOKES GUVONKES KO TNV
avtictoym dapopikn eElcmon pe S1€yepon ATOKAELGTIKA TOV OPO i—gsin (g) (nov.0.5)
B2) Na mpoodiopicete T cLVONKN TOL TPEMEL va tkavomolel 1 ovveyng cuvaptnon f(x) dorte o
TAPOTAVE TPOPANLUA VO ETADETOL. (nov.1)
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