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etf-lGt l.::>{i) 6.WOTE: Tav aptOflO 'COU E:~uHE;Pt){OG fltTpa~ m*(E) SVO<; urraouvoAau E 

TOU JR X<Xt 6d~,E: OTt m*(E1 U E2) ::S m*(Et) - m~(E2)' 

(ii) 6.WO'E: TaV aptOflO ,au flnp~oqlau U7Iaauvo/\au ,au IR xCXt 6d~TE: O,t av E 1 , E2 

flnp~otfla -:OTE: xat 1"] SVWO~ TOU<; E 1 U E2 dvCXt flE:-:P~Clfly)' 

(iii) 'Eocw E C;;; [a, b] flE:-:P~GlflO flE: m(E) > O. 
(a) 0p[(oUflE: f : [a, b] -> JR flE: f'lx) = m([a, xl Ii E) , x E [a, 6]. 6.sL~'E: O,t Y] 
ouvcXp,Y]oY] f dv<Xt Lipschitz. i..>-.. '--- r j ;,' i.\· \ t 

(~) 6.d~TE: OTt yta xci{)E: c E (0, m(E)) UrcciPXE:l A. C;;; E flE: m(A) = c. 

etf-lGt 2-; '(i) 'Ea,w E <:;; IR flY] flnp~0Lfla. 6.d~ ,E: em T] ouvcip,y]aT] f = XE - XEc rdv<Xt flY) flnp~otflT]· E[vaL Y] If I flE:-rP~otfly] ; \ 

_ >(ii) 'Eo,w f, 9 : JR -> JR flnp~otflE:<; ouvap,~aE:l<;. 6.E(~'E: O,l at ouvap,~oEt<; max{f, g}, 
min{f, g} X<Xt f + 9 dVaL flnp~alflE:<;." 

(iii) 'Eacw I, 9 : JR -> JR flnp~otflE<; ouvapc~aEt<; x<Xt E C;;; IR flnp~0Lfla. 0s"':ouflE 

h: JR -> IR flE h(x) = fIx), av x E E Xcr:L h(x) = g(x), av x ~ E. 6.d~cE Oct 1"] h 

dv<Xt flnp~otflT]. . .' ;. 
\ ", 

. '~.. 

etf-lGt g~ '>(i) 6.la,urcwo'E ,0 rlEwpT]fla flOvoTavT]<; auyxAtaT]<; X<Xt 6d~'E 6'l av in 
JR -> [0, +00]' n = 1,2, ... dval flta axoAaurl[a flnp~otflwv ouvap,~aEwv, TO,E 

. J, 

\ 

l j 

(ii) 'Eo,w f : JR -> [0, +00] flE:P~Olfly] ouvcipcT]oT] xal EOcW M T] a-ciAYE~pa -:wv 

flECpT]o(flwV urcoauvoAwv Tau R 0p((oUflE v : iI/I -> IR flE v(E) = JE f dm, Yla XCt{)E 

E C;;; JR flnp~otflo. 

>(a)	 6.d~TE OTt TO V dvcr:L sva {)ntxo flsTpa GTY)v M.·· 
(~) Av T] f dvcu OAOXAr)PWOlflT] 6d~cE o-:t Yla XCtUE E > a UrcCtPXEt 5 > a WGTE yta 

XCtUE E <:;; JR flE'rP~otflo flE m( E) < 5 taXUEt OTt VIE) < E. 

8Ef-lGt 4: (i) (Ct.) 6.taTU;rWGTE TO {)EWPT]flCt. xuptapXT]flEvT]<; aUyxAtaT]<;. \' 
(~) 'EaTw f : [0,11 -> JR OAOXAy]pwO'tflT] auvCtpcT]oT]. rta )(cirlE n = 1,2, ... USTouflE .,~ 'j\ 

In : [O,lJ -> JR flE fn(x) = xn fIx). 6.d~'E OTt T] ouvcipTT]oT] In ELVr:J.l OAOXAT]pWOlflY] 
xat UTCOAOY(OTE ,0 limn-+co JO,l] Indm. . ." ,;.....;'r
(ii) 'Emw n 2': 2 XCit Emw E1 ,' E2 , ... , E2n flE:Tp~atfla urcoauvoAa TOU [0,1.] flE: m(Ei ) 2': 
~ yta xciuE i = 1, ... , 2n. 6.El~TE OTt toUACtXtaTOV n arco aUTCt EXOUV flT] XEV~ TOfl~· 
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