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8EfJ-CX, 1. (a) . .6.w01E 10V 0Pl0l1o "":oump A, A c ~. Av A, B WI xEva avw l-jJpa,(flEva UTCoouvoAa 

1;OU ~, ()d~1E 01L sup(A U B) = rnax{sup A, sup B}. 
W) . .6.LacuTCw01E cYjv L()L01Yj1a 1Yje;; TCUxvo1Yj1ae;; CWV prl'WV 010 ~ . .6.d~ 12:: 01l '(La xa1k x E ~, 

UTCapXE:L axoAou1'JLa PYj1WV (qn)n l1E lim qn = x. 
(y) . .6.LaeUTCW01E 10V 0PL<JflO 'YjC;; 0\ '(XALVOUoac; axoAou{)Lae;; XCXL ()d~ 1E 01l 10 0pLO 1Yje;; dvC(l 

flOVa()LXO. 

8EfJ-CX, 2. (a) . .6.d~1E on av Yj OE:Lp& I:n an OUyXALVEL '01E Yj (an)n OUyXALVEL 010 O. 
k g71(P). Av 0 < g < 1, XaL kEN, 01Ci1'JEp6;, ()d~'E on Yj oE:lpa I:~1 n oUyXALvEL XCXLoul1TCEpavE1E 

01l limn nkgn = O. 

(y). E~S1a01E we;; TCpOe;; 'Yj oUyXALOYj 1Le;; m:xpaxa1w OELpEe;;: 

00 £=(_l)n. 
n(;;'L 
1 

n11=1 yn n=l 

8E[.Lcx' 3. (a) . .6.La1uTCwocS 1;0 8swpTJua SV()Lal1S0Yje;; "":l(-1 ~c; (Balzano) yLa ouvEXdc; ouvap'~OE:Le;; 

XC(l C(JW()d~"":E OeL av ] : [a,6] --+ [a, 6] OUVEX~C; (-1E ](a) = 6, ](6) = a, l01S uT(apXE:L Xo E [a,6] WO,E 

](xo) = Xo· 
(P). 'E0'l:w ] : ~ --+ ~ OUVEX~C; wa1E yLa xa'lk q E ((Jl, ](q) = O. .6.d~cs O'L ](x) = 0 '(La x&ilc 

x E lB.. 

(y) . .6.'CX'VTCWocS ~ov OOLO'IUO 1nc; oue,' 0'.UJOCOi'1c; auvs'xsLac;. 'Ea,w f : ~ --+ ~ TCaoaywYLmuY', xaL 
\ I,. l 1'1 .. " -. I 

M > 0 cHa1'JEpo, WCEE yLa X&ilE x E lB., If(x)1 :S AI. .6.d~1S O'l: 

(1) fLa x&{)s x, y E R If(x) - ](y)i :S Mix - yl· 

" (2) H ] ELVaL OflOLoi10pepa auvsx~e;;. 

8E[.Lcx' 4. (a). YTCoAoYLa1s TCX OAOXA'~pWf1aTCX: 

1 

j' 1 d:c. j' arctanxdx. j' ~x + 1 dx. 
e2x + 1(x + 3)2 + 42 

o 

YrrOOctt).,.. fLa ,0 ()SU1EPO XPYJaLflOlCOLd0'l:s TCapayovnx~ OAQ)-CA~pwaYJ xaL yLa 10 1pLeO aV1Lxa,a

a1aoYj. 

(P)· .6.d~ 1S D1L YJ auvap1YjOYj ] : [0, 1] --+ lB. l1E 

11, av x E [0, 1] appYj10c;
](x) = < 

I 0, av x E [0, 1] PYJ'oC;. 

8E[.Lcx' 5. (a) . .6.WO'E 10 ITOAUWVUfl( Taylor 1pL,OU pa1'Jfiou fis XEV1pO 10 0 lYjC; ouvci.p1YjaYJC; 

](J.;) = x 2 e'r. 

(P). 'E01W (an)n axoAou1'J[a TepaYl1aT '-{WV apL'ilflWV XaL £ E ~ . .6.d~'E on av xaVs U"lCaXOAoutl[a 

'YjC; (an)n EXE:L urrcxxoAou1'J[CX TeOU auyxA[VE. OCO £, ,CHE limn an = e. 
(y). 'Ea1w f : lB. --+ lB. flE 1YjV E~~C; ~()L01Yj1a. fLa xalJs :£ E lB. urrapXEL 5 > 0 wa,E .~ ] 010 

()liXaulfla (x - 5, J.: + 5) dVCXL a1a1'JEp~, .6.[ ~1E 01L Yj ] dvaL a1cx{)Ep~. 


