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l .Eorotl  rcarB orooOvol.o tou C) pe A )B + fr, A )B + A, AOB + B, Al)B + f). No

neptypcryete:
(i) To o0otqpu Dynkin D not nopdyetot crn6 ta I rcar B.
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(iii) Tqv qprq\eppo H nou napoyetat an6 ral ror B'

(iv) TAv olyeppa X nou napdyetot an6 ra I ror B.

2. Eoto an, lt : 1,2,3,..., 1uo orol,ouOio npuypattrdrv opt0ptilv. @errlpo0pe tu povootivol,a

A n :  { a n } ,  n : 1 , 2 , 3 , . . . .
(i) No neprTporyere 6h6 ng 8uvotfg pop$eq noo 0a pnopoOoe vo dler to ouvol,o liminfnAn.

Atrorol,oyeiote t1v unowqoti ocrq.
(ii) Eivor Ouvatdv va €1oupe lim sup,l, : {I,2}: Arrcoto}.o1eiote n1v onovqoq ou6.

(iii) Eivcn 6uvac6v va 61oupe lim sup,l, : {1,2,3,...}, Arrato}..o1eiote tr1v onowqof ooq'

(iv) Av limirfnAn: {0}, n pnopeivu elvar ro lim supnlri Atroto],oyeiote rqv anarturlorl ou6.

3. 
'Eotrrl 

o X.n.(C), F,P), 6rou C) - (-1, 1) (to ovorrcro 8rootrlpu) rsr F : to Borel

rnoouvoL,o too (-1, 1). @eopofp€ rt€ otvuptrloe4 (pe ne6io optopof to Q)

X(ar) : 51n' Kcr Y(a) : cosc;'

(i) Eivcn orXror Y myaieq petapl.4t6g;
(ii) Nu nepryporyete trq o-o)'y€Pp€E o(X) ru o(Y).
(iii) Eivor 1 X petpfotprt (0q tpoq tqv o(I);
(iv) Eivclr q I perprlottrrl 0)g rcpoE qv o'(,Y);

4. Afverar 6rt 11 t.p. X eyet 6.n.n.

l x ) :  L .  4 , .' ,  7 (  4 + x a '

(i) Na unol.oyrorei q p.tort nprl 8fl,41.
(ii) fur n = 1,2,... 06toope Xn : X1?n:xenl.Ncr onol,oytotei to opro limrEffi].
AmtnoLoyeiote tt1v undvtqo'4 ocrq.
(iii) Av&, n : 1,2,..., €ivctr 6nolg o'ro (ii), vo unol,oyto'reito opto lim,E[lX,l3].
Axorol,oyeiote tr1v urdwrlotl oaq.

5. @eorpo0p€ trg o-uveleiq mlaieg petopl.qrfq X ran I pe o.n.n. fx(x) ratfy(y) owfototlo.
Tnog€roope ott or Xrot Y eivut ovefdpqpe e p€ El$pl < co, Yto, rdnorc p > llrcar EIR : 0.
No ono8eilete otr EIV + ylpl > ELlX,pl.

Ardprera : 2.5h
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