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FULLO 3

'Askhsh 0.0.1. 'Estw oikonomÐa me dÔo agaj� kai ènan katanalwt 
me sun�rthsh qrhsimìthtac u(x, y) = xy2 kai arqikì agajì ω =
(10, 3). ProsdiorÐste th sun�rthsh z thshc φ(p), p >> 0. Pros-
diorÐste to zhtoÔmeno agajì ìtan to di�nusma tim¸n eÐnai p = (3, 4).

'Askhsh 0.0.2. Se oikonomÐa me dÔo agaj� kai ènan katanalwt 
me sun�rthsh qrhsimìthtac u(x, y) = 2x + y kai arqikì agajì
ω = (4, 3) prosdiorÐste thn antistoiqÐa z thshc

φ(p), p ∈ R2, p >> 0

kai exet�ste an èqei suneq  epilog .

'Askhsh 0.0.3. (i) 'Estw X grammikìc q¸roc kai F : X −→ R
grammik  sun�rthsh kai èstw A ⊆ X kurtì. An F eÐnai to sÔnolo
twn shmeÐwn tou A sta opoÐa megistopoieÐtai h f kai F 6= ∅, deÐxte
ìti to F eÐnai extemeface tou A, dhlad  isqÔei:

x, y, z ∈ A, x = λy + (1− λ)z, λ ∈ (0, 1), x ∈ F =⇒ y, z ∈ F.

(ii) Efarmog : Se oikonomÐa antallag c me trÐa agaj� kai ènan
katanalwt  me sun�rthsh qrhsimìthtac u(x, y, z) = 4x + 3y + 5z,
prosdiorÐste ta shmeÐa tou sunìlou proôpologismoÔ Bp,w sta opoÐa
h u paÐrnei mègisth tim  ìtan (i) p = (2, 3, 1), w = 10, (ii) p =
(2, 2, 5), w = 10 kai (iii) p = (4, 3, 5), w = 10.

'Askhsh 0.0.4. 'Estw h pleiìtimh apeikìnish ϕ : [0, 1] −→ [0, 1]
¸ste ϕ(0) = {0} kai ϕ(t) = [0, 1 − t] gia k�je t ∈ (0, 1]. Ex-
et�ste an h ϕ eÐnai upper hemicontinuous kai an h ϕ eÐnai lower
hemicontinuous.

'Askhsh 0.0.5. 'Estw oikonomÐa antallag c me dÔo agaj� kai ènan
katanalwt  me arqikì agajì ω = (4, 3). DeÐxte ìti h pleiìtimh
apeikìnish

ϕ(p) = Bω(p) = {x ∈ R2
+ |p · x ≤ p · ω}, p >> 0,

eÐnai suneq c.
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