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Oépa 1. ‘{) Adate Tov opiopd g o-dAyePpac M em evég ouvbhou X xadde
xot Tou YeTinol pétpov p enl tne M.
(ii) Eotw M o-dhyefpa em evéde suvbhou X xou p: M — [0, 4-00) ﬁsrtxo
pétpo. Eoww enfong (An)n wtorovdia ototyefwy e M.
V(w) AciEre 6u w((J, 4n) < 32, #(An).
(B) Av u(An) = 0 yia xéde n € N Beffte éu pu(lJ, An) =0 _
(v} Av pu(X) =1 xat pu(An) =1 yia x&de n € N, Bel€te 6t p(), 4n) = 1.

Ofpa 2. ‘/(1) AwoTe Tov oplopd Tou e&wrteptxoU pétpou Lebesgue m* ato R.
(ii) Fotww A C R pe m*(A4) < oo. r
V(a) Aelfte 61 i xdde € > 0 undpyer avorxté V C R pe : #

ACV xot m*(A) <m*(V) <m*(4)+¢

g |
L/([3) AcelZte bt undpyet aoroutio avonrtdy (Vs ote av G =), Vi t01E
A C G xa m*(A) = m(G).

Ofpa 3. M(l) Adare tov opiopéd g Lebesgue petphioung ouv&pmaqc. f:R 4
R. g,
(ii) Botw (fn)n oxohoudia Lebesgue petpnoluwv ouvapthocwy ané o R
oto R. Acife émt 10 sup,, fn ervan enlone Lebesgue petprion ouvdptnon.
(iil) Bow f: R — R dote yo xdde pntd g 1o obvoro [f < g ={z € R
f(z) < g} eiven Lebesgue petpfiowpo. Aeffte 611y f efver Lebesgue petpfiown.

Ocpa 4.‘/(i) Arwxtundote 1o Bedprua Kuptapynuévne abyxhiong tou Lebesgué.
(i) Bow f : R — [0, +o0] detuxy| Lebesgue petphioyn ovvdptnon. ©f-
TOVPE gn = f * X[n,+o0)y M EN.
() Aei€re éut yix né¥e n € N, 7 go civar Lebesgue petpfiown xw 6n
lim, gn = 0.
B) Av [ fdm < +oo bdeifte 6m limy [ gndm = 0. Ioyler 1o B0 av
[ fdm = +o0; :
(iil} EZetdote av lim, [ fndm = [lim, fodm énov fr, :R—> R, n € N pe
fa=n- X(0,1y



